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The purpose of this note is to show that the answers to Problems 2, 3,
and 5 in [1] are positive, even under weaker assumptions. Keeping the
notations of [1], we have
Theorem 1. If : is a positive sequence on Z+ which converges to a non-
zero limit, then the operator A(:) has a proper invariant subspace.
As shown in [1, pp. 183184], the next result follows from Theorem 1:
Theorem 2. If W is a positive even sequence on Z such that the sequence
[W(n+1)W(n)]n=0 converges to a nonzero limit, then the operator TW has
a proper hyperinvariant subspace.
An immediate corollary of Theorem 2 is
Theorem 3. If W is as in Theorem 2, then the Hilbert space l 2W (Z) (of
all complex sequences a on Z such that the norm &a& =def &aW& l2(Z) is finite)
has a proper translation-invariant subspace.
Proof of Theorem 1. Let r=limn   :(n). Assume first that r=1 and
denote by H the Hilbert space over R which consists of all real sequences
in l 2(Z+). The assumption on : implies that the operator A(:)|H is essen-
tially self-adjoint (see [1, p. 167]), and therefore by a theorem of Simonic
[2, Theorem 2.4.5] it has a proper invariant subspace, say M. It follows
that M+iM is a proper invariant subspace of A(:).
Assume now that r{1 and consider the sequence |: defined in formula
(2.3) of [1]. If r<1, then |: # l 2(Z+), and if r>1, then |&1: # l
2(Z+). As
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shown in [1, p. 180], in either case the operator A(:) has a proper
invariant subspace. K
We use this occasion to correct several misprints in [1]:
1. In formula (2.19), m(n+1) should be replaced by p(n+1).
2. In the definition of $(:) on page 184, 12 should be replaced by 1n.
3. In Ref. [20], 1988 should be replaced by 1998.
We thank V. Lomonosov and D. Sarason for bringing Simonic ’s result
to our attention.
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